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POPULATION-BASED BLACK-BOX OPTIMIZATION
CROSS-REFERENCE TO RELATED APPLICATION

This application claims priority to U.S. Provisional Patent Application serial no.
62/971,905, filed on February 7, 2020, the entirety of which is hereby incorporated by

reference.

BACKGROUND
This specification relates to black box optimization.
Black box optimization refers to optimization techniques that seek to find an output
that optimizes an objective while treating the objective as a “black box,” i.e., while only

being able to observe the results of evaluating the objective for any given candidate output.

SUMMARY
This specification describes a system implemented as computer programs on one or
more computers in one or more locations that optimizes an objective through black box
optimization.

The subject matter described in this specification can be implemented in particular

embodiments so as to realize one or more of the following advantages.

Conventional techniques for batched black box optimization are sensitive to hyper-
parameter settings and are therefore not robust enough to be effectively transferred to new
optimization problems. Additionally, conventional techniques tend to generate batches of
candidate outputs that are similar to one another and therefore cannot evaluate diverse
candidate outputs within a single batch. The described techniques, on the other hand,
generate batches of outputs by sampling from an ensemble of methods. The number of
sequences sampled from any method is proportional to the quality of outputs it previously
proposed. This allows the described techniques to combine the strengths of individual
methods while hedging against their innate brittleness. This allows the described techniques
to discover a high-quality solution in a relatively small number of iterations. This can be
particularly advantageous when the evaluation of a candidate output is expensive, time
consuming, or consumes significant computational resources. In these cases, using the
described techniques can greatly reduce the number of iterations that are required to find a

quality solution relative to conventional approaches.
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The details of one or more embodiments of the subject matter described in this
specification are set forth in the accompanying drawings and the description below. Other
features, aspects, and advantages of the subject matter will become apparent from the

description, the drawings, and the claims.

BRIEF DESCRIPTION OF THE DRAWINGS

FIG. 1A shows an example black box optimization system.

FIG. 1B shows examples of iterations of the black box optimization process being
performed.

FIG. 2 is a flow diagram of an example process for performing an iteration of the
black box optimization process.

FIG. 3 is a flow diagram of an example process for selecting optimization algorithms
at a given iteration of the black box optimization process.

Like reference numbers and designations in the various drawings indicate like

elements.

DETAILED DESCRIPTION

This specification describes a black box optimization system implemented as one or
more computer programs on one or more computers in one or more locations that determines
an input that optimizes, i.e., minimizes or maximizes, a black box objective. In other words,
the system optimizes an objective through black box optimization.

In particular, the described techniques can be used to optimize any objective where at
each iteration a batch of candidate outputs are evaluated on the objective.

As one particular example, the candidate outputs can be biological sequences, e.g., a
DNA sequence or a protein sequence and the objective can measure the result of a wet-lab
experiment performed on the biological sequence or of an in silico experiment performed on
the biological sequence, e.g., to determine whether the DNA sequence or protein sequence
has a desired property. As a particular example, the biological sequences can be DNA
sequences and the objective can be to find the DNA sequence that maximizes a binding
activity score with a variety of human transcription factors, as measured by either a wet lab
experiment or an in silico experiment. As another particular example, the biological
sequences can be protein sequences and the objective can be to find the protein that
maximizes a binding affinity score with a target molecule, as measured by either a wet lab

experiment or an in silico experiment.
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As another particular example, the candidate outputs can be different hyper-parameter
values for a set of hyper-parameters of a machine learning training algorithm and the
objective can measure the fitness or performance of a model trained using the machine
learning training algorithm with a particular set of hyper-parameter values. As a particular
example, the candidate outputs can be hyper-parameter values for a training process for
training a neural network configured to perform an image understanding task on an input
image, e.g., image classification, object detecting, semantic segmentation, and so on.

As another particular example, the candidate outputs can be specify different
architectures for a neural network that is configured to perform a particular task, e.g., an
image understanding task that requires processing an input image to generate an output
characterizing the image, e.g., an image classification output, an object detection output, or
an image segmentation output. In this example, the black box objective can measure the
fitness or performance of a neural network having the architecture specified by the candidate
output after being trained on training data for the particular task.

As another particular example, the candidate outputs can specify different hardware
architectures for an application-specific integrated circuit (ASIC) and the objective can
measure the performance of an ASIC having the architecture, e.g., one or more of any of
latency, throughput, power consumption, or design cost. As a particular, example the ASIC
can be a special-purpose hardware accelerator for training neural networks.

As another particular example, the candidate outputs can specify different
manufacturing processes for manufacturing a product and the objective can measure the
efficiency, e.g., in terms of power consumption or cost, of the manufacturing process.

As another particular example, the objective can measure the efficiency of an energy
grid and the candidate outputs can be different settings for the energy grid.

As another particular example, the objective can measure the performance of traffic
system, e.g., in terms of total travel time for users of the traffic system, and the candidates
can be different possible configurations of the traffic system.

As another particular example, the objective can measure certain properties of a
material, and the candidates can be different possible compositions of the material.

More generally, a black box objective is a function for which the closed form is not
known, but that can be evaluated at a query point in the domain of the function. That is,
while the closed form of the function is not known, the output generated by the function for a

given input can be evaluated.
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When applying the described techniques, at each iteration of the optimization process,
the system evaluates a batch that includes multiple candidate inputs (i.e.., query points) and
uses the results of the evaluations as part of optimization process.

FIG. 1A shows an example black box optimization system 100. The black box
optimization system 100 is an example of a system implemented as computer programs on
one or more computers in one or more locations, in which the systems, components, and
techniques described below can be implemented.

As described above, the black box optimization system 100 is a system that
determines one or more optimized inputs that optimize a black box objective by iteratively
evaluating batches of multiple candidate optimized outputs on the black box objective.

As one particular example, the candidate outputs can be biological sequences, e.g.,
DNA sequences or protein sequence, and the objective can measure the result of a wet-lab
experiment or in silico experiment performed on the biological sequence.

As another particular example, the candidate outputs can be different hyper-parameter
values for a set of hyper-parameters of a machine learning training algorithm and the
objective can measure the fitness or performance of a model trained using the machine
learning training algorithm with a particular set of hyper-parameter values.

In particular, to identify the output that optimizes the objective, the system 100
maintains population data 110 specifying a population of optimization algorithms and, for
each optimization algorithm in the population, one or more respective reward values.

Generally, the population of algorithms can include any set of multiple algorithms
that can each independently generate candidate outputs for the black box optimization, i.e.,
that can generate candidate outputs to be evaluated on the black box objective. For example,
the algorithms can include machine learning based approaches, e.g., generative models,
evolutionary approaches, random search approaches, and so on.

As a particular example, some evolutionary algorithms perform directed evolutionary
search by repeatedly selecting the top £ current outputs in an evolutionary population
maintained by the algorithm, recombining them, and mutating them to generate a new
candidate output.

As another example, some evolutionary algorithms perform the search by, at each
iteration, identifying the best candidate output seen so far, and proposing as new candidates

some or all of the single-mutation neighbors of the best candidate output.



10

15

20

25

30

WO 2021/159095 PCT/US2021/017117

Machine learning based algorithms can include those that fit, i.e., train, a generative
model to maximize the likelihood of high-quality outputs and sample the next batch of
candidate outputs from this model.

Another example of a machine learning based algorithm includes model-based
optimization (MBO) algorithms. These algorithms automatically tune the hyper-parameters
of diverse candidate regressor models. All models with cross-validation performance above a
predefined threshold are ensembled, yielding a predicted mean and variance for each
candidate output. These are converted into an acquisition function (e.g., expected
improvement), which is optimized with regularized evolution to yield the next batch of
candidate outputs.

In some cases, each of the algorithms is the same type of algorithm, but with different
hyper-parameters. For example, each of the algorithms can be an evolutionary algorithm, but
with different hyper-parameters: values for the crossover rate that is used in recombining
candidates and the mutation rate that is used in mutating candidates. As another example,
each of the algorithms can be an MBO algorithm, but with different hyper-parameters, e.g.,
with one or more of: different regressors, different acquisition functions, or different mutation
rates for the regularized evolution process. As yet another example, each of the algorithms
can be a generative-model based algorithm, but with different hyper-parameters, e.g.,
different architectures for the generative model or different hyper-parameters for the training
of the generative model or both.

In some other cases, the algorithms include multiple different types of algorithms,
e.g., both evolutionary algorithms and machine leaming based algorithms, each with
respective settings for the hyper-parameters.

In the example where the objective measures the result of a wet-lab experiment or an
in silico experiment, the algorithms can be any appropriate algorithm that can independently
generate a biological sequence on which the wet-lab experiment or in silico experiment can
be performed.

In the example where the objective measures the fitness of a trained model, the
algorithms can be any appropriate algorithm that can independently generate values of a set
of hyper-parameters.

As will be described in more detail below, each reward value for a given algorithm
corresponds to an already completed iteration of the black box optimization and measures the

performance of the algorithm at the corresponding iteration.
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The system 100 then performs the optimization over multiple iterations. At each
iteration, the system 100 generates a batch of candidate outputs 120 for the iteration by
selecting optimization algorithms based on the reward values in the population data 110 and
using the selected optimization algorithms to generate the candidate outputs 120 for the
batch. Generally, a batch is a fixed number of (unique) candidate outputs. For example,
when the outputs are biological sequences, the system 100 can generate each candidate output
120 as a sequence with each element of the sequence being selected from a vocabulary of
possible elements, e.g., a vocabulary of size 4 for DN A sequences or a vocabulary of size 20
for proteins. When the outputs are hyper-parameter settings, the system 100 can generate
each candidate output 120 as a sequence with each element of the sequence being a
respective value for one of the hyper-parameters.

Generating a batch of candidate outputs 120 is described in more detail below with
reference to FIGS. 2 and 3.

The system 100 then evaluates the objective for each of the candidate outputs 120 in
the batch to generate a respective objective value 130 for each of the candidate outputs. In
other words, the system 100 evaluates the black box objective for each of the candidate
outputs 120 to generate the respective objective values 130.

When the candidate outputs are biological sequences and the objective measure the
result of a wet-lab experiment or in-silico experiment performed on the biological sequence,
the objective values 130 are the results of the wet-lab experiment for the corresponding
candidate outputs 120, e.g., binding affinity scores or binding activity scores.

As another particular example, when the candidate outputs are different hyper-
parameter values for a set of hyper-parameters of a machine learning training algorithm, the
objective values 130 are the fitnesses or other measures of performance of a model trained
using the machine learning training algorithm with the particular set of hyper-parameter
values specified by the corresponding candidate outputs 120.

The system then updates the respective reward values 140 for the optimization
algorithms in the population data 110 based on the respective objective values 130 for the
candidate outputs 120.

Thus, the system 100 determines how frequently candidate outputs are generated by
different algorithms based on how well previously proposed outputs from those algorithms
have performed on the objective, as reflected in the reward values in the population data 110.

The system 100 also updates each of the optimization algorithms using the objective

values 130 for the candidate outputs 120.
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That is, the system 100 updates each optimization algorithm using all of the candidate
outputs 120 in the batch, i.e., instead of just updating each particular optimization algorithm
only using any candidate output(s) that were generated using the particular optimization
algorithm.

The manner in which the system 100 updates a given optimization algorithm is
dependent on the type of algorithm.

For example, for algorithms that use machine learning models to generate candidate
outputs, the system 100 can train the model using the (candidate output, objective value) pairs
as training data for the model.

As another example, for algorithms that use evolutionary search, the system 100 can
update the performance measures, i.e., the measures the algorithm uses to determine which
are the current best candidate outputs, of the candidates in the evolutionary population
maintained by the evolutionary search algorithm.

Thus, during black box optimization, the system 100 repeatedly updates both the
algorithms in the population to cause the algorithms to generate improved candidate outputs
and the likelihood that each algorithm is used to select the outputs that will be evaluated on
the black box objective.

Optionally, during black box optimization, the system 100 can also repeatedly update
the hyper-parameters of the algorithms in the population. Updating these hyper-parameters is
described in more detail below with reference to FIG. 3.

Once the multiple iterations have been performed, the system 100 can select a final
output 150 or a final set of multiple outputs 150, e.g., by selecting the candidate outputs that
had the highest objective values during the course of the optimization.

The system 100 can determine how many iterations to perform using any of a variety
of criteria. For example, the system 100 can perform iterations until a fixed number of
iterations have been performed. As another example, the system 100 can perform iterations
until a specified amount of time has elapsed or until a candidate output that has an objective
value that exceeds a threshold value has been evaluated.

FIG. 1B shows two examples 180 and 190 of three iterations of the black box
optimization process being performed.

In particular, both examples 180 and 190 show three iterations 1, 2, and 3 of the black
box iteration process being performed, with fixed size batches (batch 1, batch 2, and batch 3,
respectively) of candidate outputs being generated by three different optimization algorithms

182, 184, and 186 at each iteration.
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In example 180, the three optimization algorithms 182, and 184, and 186 do not
change, but the fraction of candidates in each batch that were generated using each of the
three algorithms varies across batch 1, batch 2, and batch 3 based on the quality, as measured
by reward values, of candidate outputs that each algorithm has proposed at previous
iterations. For example, the fraction of candidates that were proposed by algorithm 186
increases at each of the three iterations, indicating that the algorithm 186 has been generating
higher quality candidates relative to the other two algorithms.

In example 190, the three optimization algorithms 182, 184, and 186 also change by
having their hyper-parameters updated at each of the three iterations 1, 2, and 3. Thus, in
example 190, not only do the fractions of candidates in each batch change to favor candidates
proposed by higher quality algorithms, but the hyper-parameters of the algorithms change to
favor hyper-parameter settings that have resulted in higher quality candidate outputs being
generated at previous iterations.

FIG. 2 is a flow chart of an example process 200 for performing an iteration of the
black box optimization. For convenience, the process 200 will be described as being
performed by a system of one or more computers located in one or more locations. For
example, a black box optimization system, e.g., the black box optimization system 100 of
FIG. 1A, appropriately programmed in accordance with this specification, can perform the
process 200.

The system maintains population data specifying a population P of optimization
algorithms {A;, ..., Ay} and, for each optimization algorithm A; in the population, one or
more respective reward values r (step 202).

As described above, the respective reward value(s) for any given optimization
algorithm are derived from the objective values determined for previous candidate outputs
generated by the given optimization algorithm. In some implementations, the system
maintains only a single reward value, i.e., the most-recently generated reward value, for any
given optimization algorithm. In some other implementations, however, the system
maintains multiple reward values for any given optimization algorithm. For example, the
system can record each previous reward value that has been generated for the algorithm at
any preceding iteration or can record each previous reward value that has been generated
within a threshold number of most recent iterations.

The system generates a batch Xt of candidate outputs x for the iteration  using the

reward values for the optimization algorithm in the population (step 204).
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In particular, the system generates the batch by repeatedly, i.e., until a specified
number B of candidate outputs have been generated, selecting, based on the reward values for
the optimization algorithms in the population, an optimization algorithm, and generating a
candidate output using the selected optimization algorithm.

Generally, to select the optimization algorithms, the system computes, based on the
reward values, a probability distribution p’ over the optimization algorithms in the
populations. For example, the probability distribution can be a Categorial distribution. For
each selection, the system then samples an optimization algorithm 7 from the probability
distribution.

Selecting an optimization algorithm and generating an output using the selected
optimization algorithm are described in more detail below with reference to FIG. 3.

To avoid potentially computationally expensive evaluation of duplicate candidate
outputs, the system can determine, for generated candidate output, whether the generated
candidate output is a duplicate of another candidate output already in the batch (i.e., if the x is
“novel”) and, in response to determining that the generated candidate output is a duplicate,
not adding the generated candidate output to the batch.

The system evaluates the objective for each of the candidate outputs in the batch to
generate a respective objective value f{x) for each of the candidate outputs x (step 206).

The system updates the respective reward values for the optimization algorithms, i.e.,
for each optimization algorithm that was used to generate at least one candidate output in the
batch, based on the respective objective values for the candidate outputs (step 208). In other
words, the system computes a new reward value #* for each candidate output x.

The system can use any of a variety of techniques for updating the reward values.
Generally, however, the reward values measure the performance of the corresponding
optimization algorithm relative to the other optimization algorithms in the population.

As a particular example, the system can determine a new reward value for a given
optimization algorithm that measures the improvement of the given optimization algorithm
relative to earlier iterations.

In particular, the system can determine the new reward value by first determining a
maximum objective value of the objective values for the candidate outputs in the batch that
were generated using the given optimization algorithm.

The system can then determine a new reward value for the given optimization
algorithm based on a difference between (i) the maximum objective value of the objective

values for the candidate outputs in the batch that were generated using the given optimization

9
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algorithm and (i) a maximum objective value from among objective values for candidate
outputs that were generated using the given optimization algorithm at preceding iterations,
e.g., over all previous iterations or a threshold number of most recent iterations. In other

words, the reward value r for algorithm 4; at iteration ¢ satisfies:

t
Tit _ max{f(x)|x € Xi }—fmax’ (Eq, 1)

fmax

where max{f (x)|x € yf} is the maximum objective value of the objective values for the
candidate outputs in the subset X} of the batch X that were generated using the given
optimization algorithm A4; and fi,,,x 1S the maximum objective value from among objective
values for candidate outputs that were generated using the given optimization algorithm at
preceding iterations.

The system also updates each of the optimization algorithms using the objective
values for the candidate outputs in the batch (step 210).

That is, the system updates each optimization algorithm using all of the candidate
outputs Y¢ in the batch X, i.e., instead of just updating each particular optimization
algorithm only using any candidate output(s) that were generated using the particular
optimization algorithm.

The manner in which the system updates a given optimization algorithm is dependent
on the type of algorithm. This updating is referred to in the pseudo-code below as
A fit(XC, Y).

For example, for algorithms that use discriminative or generative machine learning
models to generate candidate outputs, the system can train the generative or discriminative
model using the (candidate output, objective value) pairs as training data for the model.

As another example, for algorithms that use evolutionary search, the system can
update the performance measures of the candidates in the evolutionary population maintained
by the evolutionary search algorithm.

Optionally, the system can also update the hyper-parameters of one or more of the
optimization algorithms in the population (step 212). Updating the hyper-parameters of
optimization algorithms is described in more detail below with reference to FIG. 3. This is
also referred to as running adapt(P’,s’) in the pseudo-code below.

FIG. 3 is a flow chart of an example process 300 for selecting an optimization
algorithm. For convenience, the process 300 will be described as being performed by a

system of one or more computers located in one or more locations. For example, a black box
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optimization system, e.g., the black box optimization system 100 of FIG. 1A, appropriately
programmed in accordance with this specification, can perform the process 300.

The system computes, for each optimization algorithm in the population, a respective
credit score s¢ from the reward value(s) associated with the algorithm in the population data
(step 302). In particular, when there are multiple rewards associated with the algorithm, the
credit score depends not only on the most recent rewards but also on the sum of exponentially
decayed previous rewards. For example, the credit score s at iteration ¢ for the i-th
algorithm can satisfy:

ket EYEE, (Eq. 2)
where k ranges over any iterations that are before the iteration 7 for which there is a reward
value associated with the algorithm in the population data and y is a constant value that is
between zero and one.

The system computes a probability distribution over the population from the
respective credit scores (step 304).

As a particular example, the system normalize, e.g., using min-max normalization, the
credit scores to generate normalized credit scores §¢. The system can then scale each
normalized credit score by dividing it by a temperature parameter t to generate scaled credit
scores and then apply a softmax over the scaled credit scores to generate the probability

distribution. Thus, the probability p: for the i-th algorithm satisfies:

st
Rl (Eq. 3)
jexp(d)

The system then repeatedly samples candidate algorithms from the probability
distribution and generates candidate outputs using the sampled candidate algorithms (referred
to as A:.propose() below) until a fixed number B of (unique) candidate outputs have been
generated (step 306).

The manner in which the system generates a candidate output using a given
optimization algorithm is dependent on the type of algorithm.

For example, for algorithms that use discriminative or generative machine learning
models to generate candidate outputs, the system can use the generative or discriminative
model (in accordance with the current values of the model weights) to generate the candidate
output.

As another example, for algorithms that use evolutionary search, the system can select

a candidate output from the evolutionary population based on the performance measures of
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the candidates in the evolutionary population and then mutate the selected candidate output to
generate a new candidate output. As another example, the system can select two candidate
outputs from the evolutionary population based on the performance measures of the
candidates in the evolutionary population and then apply a crossover transformation to the
selected candidate outputs to generate a new candidate output.

As described above, the system can optionally update the hyper-parameters of one or
more of the optimization algorithms in the population online, i.e., during the iterations of the
optimization algorithms. For example, the system can perform this updating after every N
iterations of the optimization algorithm i.e. after every N iterations of the process 200, have
been performed, where NV is a fixed integer that is greater than or equal to one.

In these cases, the system selects a set of algorithms .S with the highest credit scores
(step 308). For example, the system can select each algorithm that has a credit score that is
higher than a quantile cutoff score g.

The system then updates the population of algorithms, i.e., generates a new, updated
population that has updated hyper-parameters, from the selected algorithms using mutation,
recombination, or both (step 310).

The system can then repeatedly perform the following operations to generate an
updated population that has the same number of algorithms as the existing population.

The system can use tournament selection (tournament.select(S)) to select k =2 parents
from the selected algorithms and recombine their hyper-parameters (recombine.parents) to
generate an updated algorithm with updated hyper-parameters. If the parents belong to
different classes of algorithms and their hyper-parameters are incompatible, the system
selects one of them randomly. Otherwise, the system recombines their hyper-parmeters by
applying a crossover to their hyper-parameters with a fixed crossover rate. Then, the system
mutates the resulting hyper-parameters with a fixed mutation rate by either resampling hyper-
parameters values from a prior distribution, or scaling them by a constant. The system then
adds the new algorithm with the mutated hyper-parameters to the updated population. For
the new algorithm, the system can either copy the rewards from the parent(s) or can initialize
anew set of rewards for the new algorithm e.g., by randomly initializing the rewards or by

setting the rewards to pre-determined values.
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Algorithm 1 below shows pseudo-code for an example of performing 7 iterations of

the black box optimization using the above techniques:

Input: Popudation P = {4y, .., Sy}
Brpaty Softmex epesiiare v > &

§ e e . ¢
Tapuls Initial swopling waghis '
N ¥=8¢ = Sequences amd ahels

> Ondy add oyt povel

v Only wbit 2 i sovel

i
s
k3

5

YR

2 yeward > Bg. |
& = deeayed yewands{r' ) o By 2

I Adapdree PARO thes

PP et s adapt

~

return .25{-
Algorithm 1
5 In Algorithm 1, “adaptive P3BO” refers to the above described technique for updating
the hyper-parameters of the optimization algorithms. An example of pseudo code performing
“adaptive P3B0” is shown in Algorithm 2 below:
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Algorithm 2
10 This specification uses the term “configured” in connection with systems and

computer program components. For a system of one or more computers to be configured to
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perform particular operations or actions means that the system has installed on it software,
firmware, hardware, or a combination of them that in operation cause the system to perform
the operations or actions. For one or more computer programs to be configured to perform
particular operations or actions means that the one or more programs include instructions
that, when executed by data processing apparatus, cause the apparatus to perform the
operations or actions.

Embodiments of the subject matter and the functional operations described in this
specification can be implemented in digital electronic circuitry, in tangibly-embodied
computer software or firmware, in computer hardware, including the structures disclosed in
this specification and their structural equivalents, or in combinations of one or more of them.
Embodiments of the subject matter described in this specification can be implemented as one
or more computer programs, i.e., one or more modules of computer program instructions
encoded on a tangible non transitory storage medium for execution by, or to control the
operation of, data processing apparatus. The computer storage medium can be a machine-
readable storage device, a machine-readable storage substrate, a random or serial access
memory device, or a combination of one or more of them. Alternatively or in addition, the
program instructions can be encoded on an artificially generated propagated signal, e.g., a
machine-generated electrical, optical, or electromagnetic signal, that is generated to encode
information for transmission to suitable receiver apparatus for execution by a data processing
apparatus.

The term “data processing apparatus’™ refers to data processing hardware and
encompasses all kinds of apparatus, devices, and machines for processing data, including by
way of example a programmable processor, a computer, or multiple processors or computers.
The apparatus can also be, or further include, special purpose logic circuitry, e.g., an FPGA
(field programmable gate array) or an ASIC (application specific integrated circuit). The
apparatus can optionally include, in addition to hardware, code that creates an execution
environment for computer programs, e.g., code that constitutes processor firmware, a
protocol stack, a database management system, an operating system, or a combination of one
or more of them.

A computer program, which may also be referred to or described as a program,
software, a software application, an app, a module, a software module, a script, or code, can
be written in any form of programming language, including compiled or interpreted
languages, or declarative or procedural languages; and it can be deployed in any form,

including as a stand alone program or as a module, component, subroutine, or other unit
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suitable for use in a computing environment. A program may, but need not, correspond to a
file in a file system. A program can be stored in a portion of a file that holds other programs
or data, e.g., one or more scripts stored in a markup language document, in a single file
dedicated to the program in question, or in multiple coordinated files, e.g., files that store one
or more modules, sub programs, or portions of code. A computer program can be deployed
to be executed on one computer or on multiple computers that are located at one site or
distributed across multiple sites and interconnected by a data communication network.

In this specification, the term “database™ is used broadly to refer to any collection of
data: the data does not need to be structured in any particular way, or structured at all, and it
can be stored on storage devices in one or more locations. Thus, for example, the index
database can include multiple collections of data, each of which may be organized and
accessed differently.

Similarly, in this specification the term “engine” is used broadly to refer to a
software-based system, subsystem, or process that is programmed to perform one or more
specific functions. Generally, an engine will be implemented as one or more software
modules or components, installed on one or more computers in one or more locations. In
some cases, one or more computers will be dedicated to a particular engine; in other cases,
multiple engines can be installed and running on the same computer or computers.

The processes and logic flows described in this specification can be performed by one
or more programmable computers executing one or more computer programs to perform
functions by operating on input data and generating output. The processes and logic flows
can also be performed by special purpose logic circuitry, e.g., an FPGA or an ASIC, or by a
combination of special purpose logic circuitry and one or more programmed computers.

Computers suitable for the execution of a computer program can be based on general
or special purpose microprocessors or both, or any other kind of central processing unit.
Generally, a central processing unit will receive instructions and data from a read only
memory or a random access memory or both. The essential elements of a computer are a
central processing unit for performing or executing instructions and one or more memory
devices for storing instructions and data. The central processing unit and the memory can be
supplemented by, or incorporated in, special purpose logic circuitry. Generally, a computer
will also include, or be operatively coupled to receive data from or transfer data to, or both,
one or more mass storage devices for storing data, e.g., magnetic, magneto optical disks, or
optical disks. However, a computer need not have such devices. Moreover, a computer can

be embedded in another device, e.g., a mobile telephone, a personal digital assistant (PDA), a
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mobile audio or video player, a game console, a Global Positioning System (GPS) receiver,
or a portable storage device, e.g., a universal serial bus (USB) flash drive, to name just a few.

Computer readable media suitable for storing computer program instructions and data
include all forms of non volatile memory, media and memory devices, including by way of
example semiconductor memory devices, e.g., EPROM, EEPROM, and flash memory
devices; magnetic disks, e.g., internal hard disks or removable disks; magneto optical disks;
and CD ROM and DVD-ROM disks.

To provide for interaction with a user, embodiments of the subject matter described in
this specification can be implemented on a computer having a display device, e.g., a CRT
(cathode ray tube) or LCD (liquid crystal display) monitor, for displaying information to the
user and a keyboard and a pointing device, e.g., a mouse or a trackball, by which the user can
provide input to the computer. Other kinds of devices can be used to provide for interaction
with a user as well; for example, feedback provided to the user can be any form of sensory
feedback, e.g., visual feedback, auditory feedback, or tactile feedback; and input from the
user can be received in any form, including acoustic, speech, or tactile input. In addition, a
computer can interact with a user by sending documents to and receiving documents from a
device that is used by the user; for example, by sending web pages to a web browser on a
user’s device in response to requests received from the web browser. Also, a computer can
interact with a user by sending text messages or other forms of message to a personal device,
e.g., a smartphone that is running a messaging application, and receiving responsive
messages from the user in return.

Data processing apparatus for implementing machine learning models can also
include, for example, special-purpose hardware accelerator units for processing common and
compute-intensive parts of machine learning training or production, i.e., inference,
workloads.

Machine learning models can be implemented and deployed using a machine learning
framework, .e.g., a TensorFlow framework, a Microsoft Cognitive Toolkit framework, an
Apache Singa framework, or an Apache MXNet framework.

Embodiments of the subject matter described in this specification can be implemented
in a computing system that includes a back end component, e.g., as a data server, or that
includes a middleware component, e.g., an application server, or that includes a front end
component, e.g., a client computer having a graphical user interface, a web browser, or an
app through which a user can interact with an implementation of the subject matter described

in this specification, or any combination of one or more such back end, middleware, or front
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end components. The components of the system can be interconnected by any form or
medium of digital data communication, e.g., a communication network. Examples of
communication networks include a local area network (LAN) and a wide area network
(WAN), e.g., the Internet.

The computing system can include clients and servers. A client and server are
generally remote from each other and typically interact through a communication network.
The relationship of client and server arises by virtue of computer programs running on the
respective computers and having a client-server relationship to each other. In some
embodiments, a server transmits data, e.g., an HTML page, to a user device, e.g., for
purposes of displaying data to and receiving user input from a user interacting with the
device, which acts as a client. Data generated at the user device, e.g., a result of the user
interaction, can be received at the server from the device.

While this specification contains many specific implementation details, these should
not be construed as limitations on the scope of any invention or on the scope of what may be
claimed, but rather as descriptions of features that may be specific to particular embodiments
of particular inventions. Certain features that are described in this specification in the context
of separate embodiments can also be implemented in combination in a single embodiment.
Conversely, various features that are described in the context of a single embodiment can also
be implemented in multiple embodiments separately or in any suitable subcombination.
Moreover, although features may be described above as acting in certain combinations and
even initially be claimed as such, one or more features from a claimed combination can in
some cases be excised from the combination, and the claimed combination may be directed to
a subcombination or variation of a subcombination.

Similarly, while operations are depicted in the drawings and recited in the claims in a
particular order, this should not be understood as requiring that such operations be performed
in the particular order shown or in sequential order, or that all illustrated operations be
performed, to achieve desirable results. In certain circumstances, multitasking and parallel
processing may be advantageous. Moreover, the separation of various system modules and
components in the embodiments described above should not be understood as requiring such
separation in all embodiments, and it should be understood that the described program
components and systems can generally be integrated together in a single software product or
packaged into multiple software products.

Particular embodiments of the subject matter have been described. Other

embodiments are within the scope of the following claims. For example, the actions recited
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in the claims can be performed in a different order and still achieve desirable results. As one
example, the processes depicted in the accompanying figures do not necessarily require the
particular order shown, or sequential order, to achieve desirable results. In some cases,

multitasking and parallel processing may be advantageous.
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WHAT IS CLAIMED IS:

1. A method of performing black box optimization to identify an output that optimizes
an objective, the method comprising, at each of a plurality of iterations:
maintaining data specifying a population of optimization algorithms and, for each
optimization algorithm in the population, one or more respective reward values;
generating a batch of candidate outputs for the iteration by repeatedly performing the
following:
selecting, based on the reward values for the optimization algorithms in the
population, an optimization algorithm, and
generating a candidate output using the selected optimization algorithm;
evaluating the objective for each of the candidate outputs in the batch to generate a
respective objective value for each of the candidate outputs; and
updating the respective reward values for the optimization algorithms based on the

respective objective values for the candidate outputs.

2. The method of claim 1, wherein the outputs are biological sequences and the objective
measures a result of a wet-lab experiment or an in silico experiment using the biological

sequence.

3. The method of claim 1, wherein the outputs are hyper-parameters of a machine
learning training process and the objective measures a fitness of a machine learning model

trained using the hyper-parameters.

4, The method of any preceding claim, wherein selecting, based on the reward values for
the optimization algorithms in the population, an optimization algorithm comprises:

computing, based on the reward values, a probability distribution over the
optimization algorithms in the population; and

sampling an optimization algorithm from the probability distribution.

5. The method of claim 4, wherein the reward values include respective rewards for each
of one or more previous iterations, and wherein computing, based on the reward values, a
probability distribution over the optimization algorithms in the population:

computing a respective credit score for each of the optimization algorithms based on a
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time discounted sum of the reward values for the optimization algorithm; and

computing the probability distribution from the respective credit scores.

6. The method of claim 5, further comprising:
selecting a set of algorithms with highest credit scores; and
updating hyper-parameters of the algorithms in the population based on the hyper-

parameters of the selected algorithms using recombination, mutation, or both.

7. The method of any preceding claim, wherein updating the respective reward values
for the optimization algorithms based on the respective objective values for the candidate
outputs comprises, for each optimization algorithm that was used to generate at least one
candidate output in the batch:

determining a maximum objective value of the objective values for the candidate
outputs in the batch that were generated using the optimization algorithm; and

determining a new reward value for the optimization algorithm based on a difference
between (i) the maximum objective value of the objective values for the candidate outputs in
the batch that were generated using the optimization algorithm and (i1) a maximum objective
value from among objective values for candidate outputs that were generated using the

optimization algorithm at preceding iterations.

8. The method of any preceding claim, further comprising:
updating each of the optimization algorithms using the objective values for the

candidate outputs in the batch.

9. The method of any preceding claim, wherein generating a candidate output using the
selected optimization algorithm comprises:

determining whether the generated candidate output is a duplicate of another
candidate output already in the batch; and

in response to determining that the generated candidate output is a duplicate,

removing the generated candidate output from the batch.

10. A system comprising one or more computers and one or more storage devices storing

instructions that when executed by the one or more computers cause the one or more
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computers to perform the operations of the respective method of any one of claims 1-9.
11. One or more computer storage media storing instructions that when executed by one

or more computers cause the one or more computers to perform the operations of the

respective method of any one of claims 1-9.
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